
 
Can We Comprehend the Infinite? 

 
Jim Levine 

Department of Philosophy, TCD 
Evening Lecture (23/1/2018) 

 
 

Some Quotes 
 
 
 

Borges 
 
There is a concept which corrupts and upsets all others.  I refer not to Evil, whose 
limited realm is that of ethics; I refer to the infinite.  (Jorge Luis Borges, “The Avatars of 
the Tortoise”, 1939) 
 
“Infinite” is “a worrisome word (and then a concept) … , once it besets our thinking, 
explodes and annihilates it” (Borges, “The Perpetual Race of Achilles and the Tortoise” 
(1929)) 
 

Arnauld and Nicole (1662) 
 
 Some things can be known clearly and certainly.  Some things we do not in fact 
know clearly, but we can hope to come to know them.  Finally, some are virtually 
impossible to know with certainty, either because we lack the principles to lead us to 
them, or because they are too disproportionate to the mind. 
 

  The first type includes everything known by demonstration or by the 
understanding. 

 
 The second type is the object of study by the philosophers.  But it is easy for them to 
waste a lot of time on such issues if they do not know how to distinguish them from the 
third, that is, if they cannot distinguish things the mind can come to know from those 
that are beyond its grasp. 
 
 The best way to limit the scope of the sciences is never to try to inquire about 
anything beyond us, which we cannot reasonably hope to be able to hope to be able to 
inquire about anything beyond us, which we cannot reasonably hope to be able to 
understand.  Of this type are all questions regarding God’s power, which it is ridiculous 
to try to confine within the narrow limits of the mind, and generally anything having to 
do with infinity.  Because the mind is finite, it gets lost in and is dazzled by infinity, and 
remains overwhelmed by the multitude of contrary thoughts that infinite furnishes us. 
  
 There is a very practical and simple solution for steering clear of a great number of 
issues that we could always debate as long as we liked, because we would never arrive 
at knowledge clear enough to decide them and to make up our minds.  Is it possible for 
a creature to have been created from eternity?  Could God make a body infinitely large, 
a motion infinitely fast, a multitude infinite in number? Is an infinite number even or 
odd?  Is one infinity larger than another?  Whoever immediately says I do not know, 
will have instantly made as much progress as anyone who spends twenty years 
reasoning about these sorts of topics. The only difference between the two is that the 
person who tries to penetrate these issues is in danger of falling to a level even lower 
than simple ignorance, namely believing that one knows what one does not know.  
(Arnauld and Nicole, Logic or the Art of Thinking, 1662) 
 

Bertrand Russell 
 
The principles of mathematics have always had an important relation to philosophy. 
Mathematics apparently contains a priori knowledge of a high degree of certainty, and 
most philosophy aspires to a priori knowledge. Ever since Zeno the Eleatic, 
philosophers of an idealistic caste have sought to throw discredit on mathematics by 
manufacturing contradictions which were designed to show that mathematicians had 
not arrived at real metaphysical truth, and that the philosophers were able to supply a 
better brand.  There is a great deal of this in Kant, and still more in Hegel. During the 



 

  

nineteenth century, the mathematicians destroyed this part of Kant’s philosophy. 
(Russell, “Philosophy in the Twentieth Century”, 1924) 

 
Zeno was concerned … with three problems….  These are the problems of the 
infinitesimal, the infinite, and continuity.  To state clearly the difficulties involved, was 
to accomplish perhaps the hardest part of the philosopher’s task.  This was done by 
Zeno.  From him to our own day, the finest intellects of each generation in turn attacked 
the problems, but achieved, broadly speaking, nothing.  In our own time, however, 
three men—Weierstrass, Dedekind, and Cantor—have not merely advanced these three 
problems, but have completely solved them.  The solutions, for those acquainted with 
mathematics, are so clear as to leave no longer the slightest doubt or difficulty.  This 
achievement is probably the greatest of which our age has to boast; and I know of no 
age (except perhaps the golden age of Greece) which has a more convincing proof to 
offer of the transcendent genius of its great men.  Of the three problems, that of the 
infinitesimal was solved by Weierstrass; the solution of the other two was begun by 
Dedekind, and definitively accomplished by Cantor.  (Russell, 1901) 
 
It was formerly supposed that infinite numbers, and the mathematical infinite 
generally, were self–contradictory.  But as it was obvious that there were infinities—for 
example, the number of numbers—the contradictions of infinity seemed unavoidable, 
and philosophy seemed to have wondered into a “cul–de–sac”.  This difficulty led to 
Kant’s antinomies, and hence, more or less indirectly, to much of Hegel’s dialectic 
method.  Almost all current philosophy is upset by the fact (of which very few 
philosophers are as yet aware) that all the ancient and respectable contradictions in the 
notion of the infinite have been once for all disposed of. (Rusell, 1901) 
 
Formerly, a priori logic was used to prove that various hypotheses which looked 
possible were impossible, leaving only one possibility, which philosophy pronounced 
true.  Now a priori logic is used to prove the exact contrary, namely, that hypotheses 
which looked impossible are possible. …  Instead of being shut in within narrow walls, 
of which every nook and cranny could be explored, we find ourselves in an open world 
of free possibilities, where much remains unknown because there is so much to know. 
… [L]ogic, instead of being, as formerly, the bar to possibilities, has become the great 
liberator of the imagination, presenting innumerable alternatives which are closed to 
unreflective common sense … . (Russell, Outline of Philosophy, 1927) 
 

Cantor 
 
If we start from the notion of a definite multiplicity (a system, a totality) of things, it is 
necessary, as I discovered to distinguish two kinds of multiplicities … .  For a 
multiplicity can be such that the assumption that all of its elements ‘are together’ leads 
to a contradiction, so that it is impossible to conceive of the multiplicity as a unity, as 
‘one finished thing’.  Such multiplicities I call absolute infinite or inconsistent multiplicities.  
As we can see the totality of everything thinkable, for example, is such a multiplicity. … 
If, on the other hand, the totality of the elements of multiplicity can be thought of 
without contradiction as ‘being together’, so that they can be gathered together into 
‘one thing’, I call a consistent multiplicity or ‘set’. … The Absolute can only be 
acknowledged and admitted, never known, not even approximately. (Letter to 
Dedekind, 1899) 
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